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1
COMBINED GLOBAL-LOCAL STRUCTURAL
HEALTH MONITORING

CROSS REFERENCE TO RELATED
APPLICATION

This application claims filing benefit of U.S. Provisional
Patent Application Ser. No. 62/672,179, having a filing date
of May 16, 2018, entitled “Analytical Global-Local (AGL)
Prediction of Guided Wave Scattering from Discontinui-
ties,” which is incorporated herein by reference for all
purposes.

FEDERAL RESEARCH STATEMENT

This invention was made with Government support under
Grant No. NNX17CL69P, awarded by the National Aero-
nautics and Space Administration. The Government has
certain rights in the invention.

BACKGROUND

Structural Health Monitoring (SHM) is used to determine
the condition of a structure by use of sensors that are
attached, embedded in or otherwise in communication with
the structure. SHM is performed with either a passive or an
active system. Passive SHM includes monitoring one or
more of a number of parameters including, but not limited
to, loading stress, environmental action, performance indi-
cators, and acoustic emission (for instance from cracks).
Active SHM utilizes proactive interrogation of sensors
embedded in/on the structure to detect damage and thereby
determine a more detailed analysis. Methods used for active
SHM resemble those of nondestructive evaluation (NDE),
e.g., ultrasonics, eddy currents, etc., with one difference
being that the active SHM methods can be carried out with
permanently affixed sensors. One widely used active SHM
method employs embedded piezoelectric wafer active sen-
sors (PWAS) as guided wave transmitters and receivers to
determine the presence of cracks, delamination, dis-bonds,
corrosion, etc. Due to similarities to NDE ultrasonics, this
approach is also known as embedded ultrasonics.

Guided waves can travel a long distance through large
plate-like members and interact with damage and as such are
very useful for SHM. Lamb waves are a type of guided
waves that propagate in a relatively thin (with reference to
the propagating wavelength) plate of relatively large surface
area. The basic principle of Lamb wave-based damage
detection for SHM applications includes investigation and
analysis of the incidence, reflection, transmission, and con-
version of Lamb wave modes as they interact with damage
in a structure. Upon damage interaction, Lamb waves will
scatter, and accurate detection and analysis of the scattered
waves can provide information concerning the presence,
type and level of damage.

Finite element method (FEM), boundary element method
(BEM) and other numerical techniques have been used in
the study of propagating elastic waves for detection of
structural flaws and damage. However, FEM and BEM
require extensive computation for a large structure, and it is
difficult to attain computational accuracy by these methods.
To improve results, researchers have adopted semi-analyti-
cal finite element (SAFE) methods. In this approach, in-
plane displacement is accommodated by means of an ana-
lytical double integral Fourier transform, while the anti-
plane displacement is approximated by using finite
elements. Other researchers have adopted a combined global
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analytical-local FEM analysis. This approach couples the
global analytical wave expression with the local FEM analy-
sis around the damage, incorporating wave damage interac-
tion coefficients. This method can show a higher computa-
tion efliciency as compared to an entire FEM analysis of the
model, but the FEM analysis over local damage remains
quite time-consuming. Spectral Finite Element Method
(SFEM), which is a particular FEM formulated in the
frequency domain, is another approach. This method
expands the unknown solution in trigonometric series (har-
monic waves in time and space). The exact wave propaga-
tion solution is used as the interpolating function for finite
element formulation. The constants of the solution are made
to satisfy the boundary conditions in the frequency domain,
and thus all the requirements are satisfied at each frequency
and time domain data can be obtained.

The interaction of Lamb waves with structural damage is
a complex phenomenon and damage characterization
requires both fast and accurate analysis and prediction of
scattered waves. Existing complexity in the structure (e.g., a
stiffener) makes the physics of wave propagation even more
complicated. One of the main challenges of accurate SHM
and damage detection through guided wave analysis remains
solution of the scattering problem and in particular satisfac-
tion of the thickness dependent boundary conditions at a
discontinuity. Unfortunately, existing technologies have
proven to be not very stable and to have slow convergence,
particularly for complex structures, and in practice it has
proven extremely difficult to distinguish a scattered wave
field from the overall Lamb wave fields.

What are needed in the art are SHM methods based on the
physics of Lamb wave propagation that are both highly
efficient and accurate. An approach that provides for analysis
of guided waves in a structure in an efficient manor so as to
quickly provide accurate understanding of the presence of
damage in the structure, particularly a complex structure,
would be of great benefit.

SUMMARY

Disclosed are systems and methods for SHM and detec-
tion of the presence and/or type of damage in a structure. For
instance, a method can include exciting a Lamb wave in a
structure such that the Lamb wave propagates through a base
plate of the structure. In one embodiment, the structure can
be a complex structure that includes the base plate and an
extension such as a stiffener extending from the base plate
with a joint area where the base plate and the extension meet.
In this embodiment, the Lamb wave can be excited in the
base plate and can propagate through the base plate and
through the joint area. A method can also include detecting
a scattered Lamb wave at a receiver, the scattered Lamb
wave being a resulting wave generated by passage of the
Lamb wave through the structure.

A method can also include analyzing the scattered Lamb
wave by use of a computing system. The analysis can
incorporate the use of scattering coeflicients of Lamb wave
modes, e.g., frequency-dependent transmission and reflec-
tion coefficients, that have been previously determined from
geometric discontinuities for pristine (undamaged) and dam-
aged structures by use of complex modes expansion with
vector projection (CMEP). The signal analysis includes
insertion of the scattering coefficients into a global analytical
model to provide signal solutions that predict the scattered
signal (e.g., the time-dependent scattered signal) that would
be obtained if the structure is damaged or alternatively if the
structure is undamaged. The resulting signal solutions can
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then be compared to the scattered Lamb wave signal
obtained during the testing and by that comparison, a health
state for the structure can be determined, e.g., that the
structure has been damaged.

The systems and methods of the present disclosure have
a technical effect of permitting detection and recognition of
structural damage and can do so with increased computa-
tional efficiency and much higher confidence than was
possible with previous approaches.

The systems and methods of the present disclosure are
also directed to a practical application of computing tech-
nology. In particular, various specific technical implemen-
tations of computerized systems and methods are described
herein which are practically applied to the specific tasks of
identifying the presence and/or type of damage in a struc-
ture, and in one particular embodiment, in a complex
structure as may be present in a transportation vehicle, e.g.,
a stiffened plate used as a structural support in an airplane.
Thus, example embodiments of the present disclosure are
directed to a particular technological environment and field
of technology such as the evaluation of surfaces based on
guided Lamb wave transmission, detection, and analysis.

BRIEF DESCRIPTION OF THE FIGURES

A full and enabling disclosure of the present subject
matter, including the best mode thereof to one of ordinary
skill in the art, is set forth more particularly in the remainder
of the specification, including reference to the accompany-
ing figures in which:

FIG. 1 presents a flow chart showing basic principles of
a method as disclosed herein.

FIG. 2 schematically illustrates a structure as may be
monitored by disclosed systems.

FIG. 3 illustrates an exemplary system for carrying out
data manipulation and image identification methods as
described herein.

FIG. 4 schematically illustrates Lamb wave interaction
with stiffener on a plate for an undamaged structure.

FIG. 5 schematically illustrates boundary conditions at
stiffener interfaces of the undamaged structure of FIG. 4.

FIG. 6 schematically illustrates Lamb wave interaction
with a cracked stiffener/plate joint in a structure.

FIG. 7 schematically illustrates boundary conditions at
stiffener interfaces of the damaged structure of FIG. 6.

FIG. 8 illustrates a CMEP GUI used in predicting scat-
tering coefficients in a stiffener plate.

FIG. 9 illustrates aluminum plates utilized in examples
described herein including a pristine stiffener (above) and a
cracked stiffener (below).

FIG. 10 schematically illustrates the geometry and dimen-
sions of the pristine stiffener (left) and the cracked stiffener
(right) illustrated in FIG. 9.

FIG. 11 is a graphic representation of the complex roots
of Rayleigh-Lamb equations for v=0.33.

FIG. 12 illustrates convergence of amplitudes (u,) scat-
tered Lamb wave modes of a pristine stiffener (left) and a
cracked stiffener (right) for SO mode incident over a wide
frequency range of 50 kHz to 350 kHz.

FIG. 13 presents normalized amplitude (a) and phase (b)
of u, displacement for a pristine stiffener and normalized
amplitude (¢) and phase (d) of u, displacement for a cracked
stiffener of scattered wave modes for incident SO mode.

FIG. 14 schematically illustrates exemplary transmitter
and sensor locations for predicting Lamb waves scatter due
to discontinuity of a structure.
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FIG. 15 presents a flowchart of steps involved in one
embodiment of a global-local analytical approach as
described herein.

FIG. 16 presents the geometry and dimensions of a
pristine stiffener (left) and a cracked stiffener (right) exam-
ined in an example described herein.

FIG. 17 presents the normalized amplitude (a) and phase
(b) of u, displacement for pristine stiffener and normalized
amplitude (c) and phase (d) of u, displacement for cracked
stiffener of scattered wave modes for incident A0 mode.

FIG. 18 illustrates a top and perspective view of an
aluminum plate with pristine stiffener (a) and a top and
bottom view of the plate (b) after applying a wave-absorbing
clay.

FIG. 19 illustrates an aluminum plate with a cracked
stiffener with 60-mm long PWAS strips bonded on top and
bottom of the plate at (a) is shown a top view and a
perspective view of the crack along the entire length of the
stiffener, and at (b) is shown a top and bottom view of the
plate after applying wave-absorbing clay boundary.

FIG. 20 illustrates an experimental setup for LDV scan-
ning to measure the out-of-plane velocity of a scattered
wave field.

FIG. 21 illustrates an experimentally measured scattered
wave field.

FIG. 22 illustrates LDV point measurement locations for
comparison between analytical and experimental results for
a pristine plate (a) and a cracked plate (b).

FIG. 23 presents experimental vs. global-local analytical
results for different scattered Lamb waves from a pristine
stiffener including: (a) analytical reflected waves (b) ana-
lytical transmitted waves (¢) FFT of the analytical scattered
waves (d) experimental reflected waves (e) experimental
transmitted waves (f) FFT of the experimental scattered
waves.

FIG. 24 provides experimental vs. global-local analytical
results for different scattered Lamb waves from a cracked
stiffener: (a) analytical reflected waves (b) analytical trans-
mitted waves (¢) FFT of the analytical scattered waves (d)
experimental reflected waves (e) experimental transmitted
waves (f) FFT of the experimental scattered waves.

Repeat use of reference characters in the present specifi-
cation and drawings is intended to represent the same or
analogous features or elements of the present invention.

DETAILED DESCRIPTION

Reference will now be made in detail to various embodi-
ments of the disclosed subject matter, one or more examples
of which are set forth below. Each embodiment is provided
by way of explanation of the subject matter, not limitation
thereof. In fact, it will be apparent to those skilled in the art
that various modifications and variations may be made in the
present disclosure without departing from the scope or spirit
of the subject matter. For instance, features illustrated or
described as part of one embodiment, may be used in
another embodiment to yield a still further embodiment.

In general, disclosed is a computationally eflicient and
cost-effective approach for detection of damage in a struc-
ture. More specifically, disclosed methods provide a method
for combined analysis in both a global and local region to
predict the received wave signals at a location due to
scattering of Lamb waves at a damage site. Through com-
parison of an actual received wave signal with the predicted
signal, identification of damage location and/or type can be
provided. Disclosed methods can be more efficient and
accurate than previously known approaches and can be
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particularly beneficial when considering damage assessment
in a complex structure that includes plate-like structures that
include an extension off of a base plate, e.g., a stiffened
structure.

FIG. 1 illustrates one aspect of disclosed methods. Dis-
closed methods utilize and provide information in both
global (pristine) and local (damage) regions of a structure
and encompass analytical techniques for examining infor-
mation obtained from a structure, and as such the methods
are referred to herein as an Analytical Global-Local (AGL)
method. As indicated in FIG. 1, a method can include Lamb
wave generation and propagation through a pristine (undam-
aged) section of a structure. Upon the incident Lamb wave
encountering damage in the structure, a scattered wave field
is formed which then propagates through another pristine
section of the structure to a location where it is registered at
a receiver. The scattered signal is then analyzed to determine
the presence and/or nature of the damage in the structure. In
analysis of the signal, the method can incorporate local
scattering coeflicients, e.g., transmission and reflection coef-
ficients as may be determined by CMEP, to provide a
specific solution to the global scattered wave field that is
produced by a damaged region. Comparison of this solution
to the scattered signal obtained from the receiver can inform
the user to the presence and or nature of the damage in the
structure.

FIG. 2 schematically illustrates one embodiment of a
structure 20 as may be examined according to disclosed
methods. As indicated, a structure 20 can include a trans-
mitter 10 and a receiver 12 embedded in or on a base plate
2 of the structure 20. The transmitter 10 and receiver 12 can
be capable of communication with an electronic module for
signal transmission/reception, processing and interpretation.
Exemplary SHM system components and methods as may
be included in a system have been described, for instance in
U.S. Pat. Nos. 6,996,480; 7,881,881; and 7,024,315 and U.S.
Patent Application Publication No. 2008/0288184, all to
Giurgiutiu, et al. and all of which are incorporated herein by
reference in their entirety. Of course, it should be understood
that a structure can incorporate multiple transmitters 10 and
receivers 12 and is not limited to a single transmitter 10 and
receiver 12 or to the particular shape of the structure 20.

In one embodiment, the transmitter 10 and the receiver 12
can be piezoelectric wafer active sensors (PWAS). PWAS
have emerged as a common element for SHM technology as
by use of PWAS transducers, one they can apply a variety of
damage detection methods including, without limitation,
propagating acousto-ultrasonic waves, standing waves
(electromechanical impedance) and phased arrays. PWAS
attached directly to structural elements have gained large
popularity due to their low cost, simplicity, and versatility.
Beneficially, PWAS can be used for structural sensing
through generation and detection of propagating Lamb
waves through a base plate 2. Beneficially, Lamb waves are
capable of coupling their energy throughout the structure
thickness. These two characteristics make Lamb waves an
ideal candidate for disclosed SHM applications.

During use, a generator can be operative to impress a
pulse having a predetermined carrier frequency (e.g., from
about 50 kHz to about 350 kHz) upon a transmitter 10 to
produce ultrasonic waves over certain Lamb modes and
wavelengths in the base plate 2. For instance, an excitation
signal from a function generator can be sent to a transmitter
10 where the signal can be transformed to generate Lamb
waves throughout the panel 2 of the structure 20. For
example, a system can include a module 26 capable of wired
or wireless communication with the transducers 20 that can
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include a tone-burst signal generator as is generally known
in the art that can create a synthesized window-smoothed
tone-burst signal with adjustable amplitude and repetition
rate, a transmission beamformer (algorithm) at angle ¢,, a
reception beamformer (algorithm) at angle @, and a signal
processor unit for signal deconvolution, time of flight
(TOF), and range estimation.

Upon generation of the Lamb waves within the base plate
2, the Lamb waves can travel and can be reflected and/or
diffracted by any structural discontinuities, boundaries,
damaged areas or other anomalies. For example, the signal
generation module 26 can be controlled to direct the Lamb
waves to a particular area of interest such as a joint area 14
formed between the base plate 2 and a stiffener 4. The
reflected/diffracted waves can then be detected by a receiver
12, where it can be transformed back into electric signals by
operation of the individual sensor 12 for analysis.

Disclosed methods can incorporate the actual geometry of
a structure with associated propagating and evanescent
modes of Lamb waves. As such, the AGL method can be
applicable to complex structures such as that illustrated in
FIG. 2 as well as simple structure, e.g., more simple plate-
like structures. The AGL method is based on the assumption
of straight crested Lamb wave which makes it suitable to
analyze large structures with different kind of damage
including, without limitation, horizontal crack (directions
are provided relative to the base plate through which the
Lamb wave is traveling), verticle crack, disbond or del-
maination, corrosion patch, etc., as well as discontinuities
including, without limitation, step like change, notch, stiff-
ener etc.

In one embodiment, a structure to be assessed according
to an AGL method can include a base plate 2 and/or a
stiffener 4 as illustrated in FIG. 1 as may be utilized in
forming one or more walls of a multi-ribbed box structure as
found on aircraft control surfaces. When present, a stiffener
4 can be of unitary construction with the base plate 2 or can
be of separate construction and attached to the base plate 2
following formation. For instance, a stiffener 2 can be
welded (e.g., fusion welded with or without the use of a
solder); adhesively bonded; attached by use of bolts, screws,
staples, nails, etc.; or any combination thereof. In addition,
an extension from a base plate 2 such as a stiffener 4 can
extend from the base plate at any angle, and is not limited
to a 90° stiffener as is illustrated in FIG. 2. A structure can
include additional components in conjunction with a base
plate 2 and a stiffener 4 such as ribs, joints, conduits, etc. as
are known in the art. Disclosed methods can be utilized for
detection of damage at any point of a structure including,
without limitation, joints or other contact locations with
other components, edges, corners, and across pristine spans
of a base plate.

In one embodiment, a base plate 2 and/or a stiffener 4 can
be formed of a polymeric laminate. A polymeric laminate
can include a plurality of stacked layers attached to one
another. At least one layer of the polymeric laminate can
include a fiber reinforced polymeric composition. For
instance, a polymeric laminate can include one or more
layers of fiber reinforced thermoplastic tapes, tows, sheets,
etc. and/or one or more layers of fiber reinforced thermoset
tapes, tows, sheets, etc. Of course, a polymeric laminate is
not limited to only layers of fiber reinforced polymeric
compositions and the laminate can include layers of other
materials, including, for example, a layer of polymeric
composition that is not fiber reinforced, a non-polymeric
layer, discontinuous layers, etc.
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In one embodiment, a thermoplastic polymer of a fiber
reinforced polymeric composition can be a high-perfor-
mance polymer that can exhibit high mechanical properties
such as stiffness, toughness, and low creep that make them
valuable in the manufacture of structural products such as
vehicle shell structures. High performance thermoplastic
polymers as may be included in a thermoplastic composition
can include, for example, polyarylene sulfides, polyaryle-
therketones, polyetherimides, polycarbonates, polyamides,
liquid crystal polymers, etc., as well as copolymers and
combinations of polymers.

A thermoset polymer of a fiber reinforced polymeric
composition can include one or more thermoset polymers as
are generally known in the art. For example, a fiber rein-
forced thermoset composition can include a matrix resin
selected from one or more of an epoxide, a polyimide, a
bis-maleimide, a polyphenol, a polyester, etc., or combina-
tions thereof that, when fully cured, forms a crosslinked
thermoset matrix.

The fibrous reinforcement of a composition may include
one or more fiber types including, without limitation, poly-
mer fibers, glass fibers, carbon fibers, metal fibers, natural
fibers such as jute, bamboo, etc., basalt fibers, and so forth,
or a combination of fiber types. For instance, the fibers may
be chopped fibers, continuous fibers, or fiber rovings. For
example, a composite prepreg as is known in the art can be
used such as a continuous carbon fiber/epoxy resin, which is
a common composite material used in polymeric laminates.

As illustrated in FIG. 2, a structure 20 can a stiffener 4
joined to a base plate 2 at a joint 14. Each segment 2, 4 can
be formed of the same or different materials from one
another, but can be in acoustic communication with one
another (i.e., a Lamb wave is capable of transferring energy
between adjacent laminate panels of the structure 20). Mate-
rials of formation for the components of a structure are not
limited to polymeric laminates and can include metals,
wood, and polymers as well as any composite material as is
known in the art

In the signal analysis, AGL incorporates local damage
scattering coeflicients obtained analytically at a damage site
using the CMEP method (see, e.g., B. Poddar and V.
Giurgiutiu, “Scattering of Lamb waves from a discontinuity:
An improved analytical approach,” Wave Motion, vol. 65,
pp. 79-91, 2016; B. Poddar and V. Giurgiutiu, “Complex
modes expansion with vector projection using power flow to
simulate Lamb waves scattering from horizontal cracks and
disbonds,” J. Acoust. Soc. Am., vol. 140, no. 3, pp. 2123-
2133, September 2016). CMEP differs from previously
known analysis methods such as LEM, BEM and SFEM.
The basic principle of LEM is to express the unknown
scattered fields by using the fundamental solutions for the
pristine structure. In this regard, the LEM is a special case
of the boundary element method (BEM). A classical BEM
assumes Lamb wave mode expansion in terms of funda-
mental solutions for the unbounded elastic space while the
LEM assumes point-source solutions for the semi-bounded
layered structure. SFEM uses the finite element discretiza-
tion to describe the damage geometry and then solves for the
interacting Lamb waves kinematically, as common to all
FEM approaches.

Briefly, CMEP considers the exact mixed boundary con-
ditions at a damage location and applies a Galerkin-type
solution utilizing as trial functions the exact Lamb waves
generated in the pristine plate, i.e., performs a normal modes
expansion in terms of the exact complex-domain Lamb
waves in the pristine plate. Propagating, evanescent, and
complex-wavenumber modes are all included in the expan-
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sion. The Galerkin-type minimization is done using a wave-
power approach such that the velocity boundary conditions
are multiplied by the conjugate of the relevant stress com-
ponents of the trial functions whereas the stress boundary
conditions are multiplied by the conjugate of the relevant
velocity components of the trial functions. Beneficially,
CMEP shows faster convergence then other methods and
can calculate very efficiently the scatter coefficients for an
analysis with accuracy.

In general, data processing, analysis, storage, etc. includ-
ing signal generation, signal reception, CMEP, and signal
comparison can be carried out by use of a computer system.
FIG. 3 depicts an exemplary analysis unit 200 according to
one embodiment of the present disclosure. Data analysis/
storage unit 200 can be used in any SHM process. Moreover,
methods as disclosed herein are not limited to use of only a
single data analysis unit 200. For instance, in one embodi-
ment, a first data analysis unit can be utilized in development
of transmission and reflection coefficients according to
CMEP, and a second, separate unit can be utilized in an
SHM process that utilizes those coeflicients in developing a
predicted scattered wave field signal as well as in compari-
son of the predicted signal with a received signal in analysis
of a structure for the presence and/or type of damage in the
structure.

A data analysis/storage unit 200 can include one or more
processors 202 and a memory 204. The processor(s) 202 can
be any suitable processing device, such as a microprocessor,
microcontroller, integrated circuit, or other suitable process-
ing device, including a combination of discrete analog
and/or digital logic circuitry (such as switches, amplifiers,
integrators, comparators, flip-flops, AND gates, and the like)
to perform control functionality.

The memory 204 can include any suitable computing
system or media, including, but not limited to, non-transi-
tory computer-readable media, RAM, ROM, hard drives,
flash drives, or other memory devices. The memory 204 can
store information accessible by processor(s) 202, including
instructions 206 that can be executed by processor(s) 202.
The instructions 206 can be any set of instructions that when
executed by the processor(s) 202 cause the processor(s) 202
to provide desired functionality. Memory 204 can further
store data 208. Data 208 can be any form of data, including
reference data for use in an SHM protocol that can be stored
for later transmission or utilization.

In one embodiment, a data analysis/storage unit 200 can
include an AGL model 210 that can be utilized for signal
analysis and damage recognition. A model can be used for
signal generation 212 and signal reception 214 at PWAS
transducers embedded in a structure, for instance signals as
can be transmitted, propagated and received in a structure as
illustrated in F1G. 2. Data collection for a system can include
a hardware part, for instance that can utilize an automatic
signal switch box, and a second part that can correspond to
a control program for signal generation 212 and signal
reception 214. In an exemplary method of operation, digital
control signals are generated by the AGL model 210 and sent
to a switch box through a parallel port associated with a data
analysis/storage unit 200 by way of a standard parallel cable.
It should be appreciated, however, by those of ordinary skill
in the art that other signal transfer methodologies and
apparatus could be used, including, but not limited to, serial
ports, infrared ports, USB ports, FireWire (IEEE 1394)
ports, and wireless connections including WiFi and Blu-
etooth® technology.

An AGL model 210 can include further components,
examples of which can include, without limitation, multiple
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CMEP components that can generate predicted waveforms
for a pristine (non-damaged) structure, for damaged struc-
tures having various types of damage (e.g., a crack, a
delamination, a notch, a hole, etc.), for damage in various
locations (e.g., at a joint, at an edge, along a plane, etc.) 220,
222, 223, etc. Once the scatter coefficients are determined
using the CMEP method, then “global” portion of the AGL
method can be utilized to propagate the scatter waves
analytically away from the damage location and overlap
them with the pristine propagation field to obtain predicted
waveforms 226 that would be expected to be sensed by a
receiver placed at a predetermined location. A model can
also include a comparison component 228 in which the
predicted waveforms can be compared to a test waveform in
determination of the health of the structure being tested.

In the disclosed AGL modeling, a damage wave-power
approach can be adopted such that the velocity boundary
conditions are multiplied by the conjugate of the relevant
stress components whereas the stress boundary conditions
are multiplied by the conjugate of the relevant velocity
components. Thickness dependent stress and displacement
mode shapes can be expanded in terms of the propagating,
evanescent, and complex-wavenumber modes. Considering
evanescent Lamb wave mode provides a balanced power
flow across a damaged/discontinuity boundary and as such,
disclosed methods can provide for highly accurate predic-
tion.

The mode conversion of guided waves occurs when a
wave interacts with discontinues/damage in the structure.
Understanding of the mode conversion behavior is of sig-
nificant importance because it provides insight information
of the damage/discontinuity. However, the study of the mode
conversion effect usually requires two-dimensional analysis
with an assumption on the through thickness displacement
mode shape. In addition, designing a system for recognition
of certain types of damage phenomenon or discontinuity
(e.g., notch, delamination, stiffener etc.) can require consid-
eration of the trapped wave mode.

In the disclosed methods, the scattered wave field from a
damage/discontinuity is expanded in terms of complex
Lamb wave modes with unknown scatter coefficients. These
unknown coefficients are obtained from the boundary con-
ditions using a vector projection utilizing the power expres-
sion. As such, disclosed methods can consider the reflected,
transmitied as well as trapped wave modes in the interface
condition and as such can provide improved results.

Beneficially, by use of CMEP methods to obtain the local
scattering coeflicients of Lamb wave modes at a site of
damage/discontinuity, this local step can be performed in the
frequency domain (harmonic analysis). Thus, a single simu-
lation can be sufficient for a variety of incident tone burst
signals with various center frequencies in that frequency
domain. In addition, by performing the following global
analytical step in the time domain for the tone burst signal
with a particular center frequency, this step of the process
can predict the time domain sensing signals by considering
various distances between the actuator and damage, and
between damage and sensors without affecting the compu-
tational time. Accordingly, disclosed methods can provide a
route for highly efficient and accurate SHM for structures of
complex geometries

The present disclosure may be better understood with
reference to the Examples set forth below.

EXAMPLE 1

CMEP was carried out for two types of geometric dis-
continuities including: (1) a plate with a pristine stiffener and
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(2) a plate with a cracked stiffener. As shown in FIG. 4, the
stiffener was located at x=x,. The plate thickness was h,.
The height of the stiffener above the plate was (h,-h,), and
the width of the stiffener was L.=2b. For the stiffener, height
ratio can be defined as R,=(h,-h,)/h,, and width ratio as
R, =2b/h,.
CMEP for Undamaged Plate and Stiffener

The incident wave field traveling in the +ve x direction is
in Region 1. The reflected wave field is also in Region 1 and
the transmitted wave field is in Region 3. The trapped wave
field is inside the stiffener in Region 2. The incident and
scattered wave fields satisfy the following wave equations:

1
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The scattered wave field is the summation of reflected
wave field (Region 1), trapped wave field (Region 2) and
transmitted wave field (Region 3). The scattered wave field
can be written as,
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where, £ is the wavenumber and o is the frequency. The
subscript “i” stands for incident waves and “s” stands for
scattered waves. The subscript “j” represents dlﬁerent wave
modes. The coefficient SC].B is the unknown amplitude of the
of backward propagating (reflected) Lamb waves in Region
1, whereas the coeflicient SCJ.F is the unknown amplitude of
forward propagating Lamb waves in Region 3. The coefli-
cients ,C/” and ,C/ are the unknown amplitudes of the
backward and forward propagating (trapped) Lamb waves
respectively in Region 2.

The unknown amplitudes of these modes were determined
by boundary conditions using a vector projection utilizing
the power expression. These must satisfy the zero-stress
boundary condition at the top and bottom of the plate,

=0 @
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The stress-displacement fields are:
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Therefore, for a vertical stiffener, boundary conditions are
(FIG. 5)
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Equations (5)-(8) represent the thickness dependent
boundary conditions at the stiffener. CMEP formulation
incorporates the time averaged power flow associated with
the scattered wave fields through boundary condition. Thus,
the stress boundary conditions are projected onto the con-
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placement boundary conditions are projected onto the con- 5

jugate stress vector space ((_Jj:conj(;-)) of the complex
Lamb wave modes. In Region 1, the displacement boundary
conditions are projected onto the conjugate stress vector
space of the complex Lamb wave modes. The final form of

the projected boundary conditions is: 30
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a

represents the inner product. Equation (9) can be written in

60
following algebraic equation form:
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AELS pa T (10)

Similarly, in Region 2, the stress boundary conditions are
projected onto the conjugate displacement vector space of

65

the complex Lamb wave modes.
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Similarly, in Region 3, the displacement boundary con-
ditions are projected onto the conjugate stress vector space
of the complex Lamb wave modes. After projecting, a total
of 4j algebraic equations are obtained with 4j unknowns, i.e.:

AB -DO 265 E ()
F oo -H 2CF 0

I K =L 0 o M

N OO =Pl 3Cj-E a 041

B [Q]4jx4j{c}4j><1 = {R}4j><l

The coefficient matrices [A], [B], [D], [E], [F], [G], [H],
[11, [K], [L]. [M], [N], [O] and [P] are known matrices
containing the vector projected boundary conditions. Eq.
(11) can be solved for the unknown amplitudes of the
reflected and transmitted Lamb wave modes as

{C}zyxlz[thfol[thxl (12)

CMEP for Cracked Stiffener

FIG. 6 shows the cross-section of a plate with a cracked
stiffener. The crack appears at the left end of the stiffener
with length equal to plate thickness and crack length ratio is
R~L/Mh,. The incident wave field is represented by (@,
H,), traveling in the +ve x direction in Region 1. The
reflected wave field is in Region 1 and the transmitted wave
field is in Region 4. The trapped wave field is inside the
stiffener in Region 2 and Region 3.

The scattered wave field is the summation of reflected
wave field (Region 1), trapped wave field (Region 2) and
transmitted wave field (Region 3). The scattered wave field
can be written as:

13)

+ ) + 3C?3#"j’ei(7§j27w’) + chfr._j»ei(ﬁjrwr) + ]

The coeflicient ICjB is the unknown amplitude of the of
backward propagating (reflected) Lamb waves in Region 1,
whereas the coeflicient 4CjF is the unknown amplitude of
forward propagating Lamb waves in Region 4. The coefli-
cients 2CjB, 2CjF , 3CjB , 3CjF are the unknown amplitudes of
the backward and forward propagating (trapped) Lamb

waves respectively in Region 2 and Region 3.

The unknown amplitudes of these modes is determined by
boundary conditions using a vector projection utilizing the
power expression. These must satisfy the zero-stress bound-

ary condition at the top and bottom of the plate:
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c—yyl(xqo;y:r%l—),(xoquqo.y:hzf%1,%),(x0<x<x0+b,y:h27—hzfl;’%:\,(x>x0+b;y:1!%) =0

Ty =0

(x<x0 Jy=t f’% ),(,\0 —b<x<xgy;y=hy— i% R th ),(,\0<x<x0+b;y:h2 - iy

Therefore, for a vertical stiffener, boundary conditions are
(FIG. 7)
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Thus, equations (17)-(21) represent the thickness depen-
dent boundary conditions at the cracked stiffener.

In Regions 1 and 2, the displacement boundary conditions
are projected onto the conjugate stress vector space of the
complex Lamb wave modes. In Region 3, the stress bound-
ary conditions are projected onto the conjugate displacement
vector space of the complex Lamb wave modes. Similarly,
in Region 4, the displacement boundary conditions are
projected onto the conjugate stress vector space of the
complex Lamb wave modes. Therefore:

B (22)
A B -DF G 0 1 E
ct
0 0 0 H I -J 2C; 0
0 0 0 KL 0 28 0
-M 0 0 N O O N “lr
0 0 0 Q R -S JCF 0
0 U v wx 0l - 06
A0 g

= [YejsiiChejxa = A5

Equation (22) can be solved for the unknown amplitudes of
the reflected and transmitted Lamb wave modes as

{Chemvar=Wansen " [Alowsar 23)

A graphics user interphase (GUI) was prepared based on
the analytical solution presented above. FIG. 8 shows the
CMEP GUI for predicting scattering coeflicients in a stiff-
ener plate. This GUI worked for multiple different frequency
ranges and various plate and stiffener geometries. GUI
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(14)

versatility improved the capability to solve Lamb wave
scattering for different structure geometries and frequency
ranges. In the illustrated GUI, crack length O mm implied the
pristine stiffener case. Different crack length also could be
assigned to this GUI In the figure, the CMEP GUI is
showing the scattering coeflicients for the pristine case. The
software also populated a data base showing scattering
coefficients for each of the modes at different frequency. The
database could also be used for predicting Lamb wave in the
Global solution (examples of which are described further
below). The CMEP GUI predicted the scatter coefficients
within 120 sec for all of the cases. In comparison, FEM
would require at least 15 hours. Thus, CMEP was shown to
be a computationally efficient method for predicting the
scattering of Lamb waves.

EXAMPLE 2

An aluminum plate with a vertical stiffener was examined
for wverification of CMEP theoretical developments
described above. FIG. 9 illustrates pristine (above) and
cracked (below) plates used in the example and FIG. 10 is
a schematic showing the geometry and dimensions of the
pristine (left) and cracked (right) plates. FIG. 9 (top) shows
the aluminum plate with pristine stiffener, and FIG. 9
(bottom) shows the aluminum plate with a cracked stiffener.
FIG. 10 shows the dimensions of the pristine stiffener (left)
and the dimensions of the cracked stiffener (right). The
width of the crack was the half of the stiffener width. The
position of the crack in the thickness direction was 4 mm
from the bottom of the plate. Table 1, below, presents the
material properties for the aluminum, and Table 2 represents
the dimensions of the plates. With respect to plate thickness
h,, the stiffener had a height ratio of R, =(h,-h, )/h,=2, width
ratio R, =2b/h,=2 and crack ratio R =L /h,=1. The CMEP
approach requires complex modes of Lamb waves for the
modal expansion. Therefore, to utilize the CMEP approach,
the first step was to determine the complex roots of Ray-
leigh-Lamb equations. FIG. 11 shows all the complex roots
of Rayleigh-Lamb equations.

TABLE 1
Elastic Poisson
modulus Deusity ratio
E(GPa) p (kg/m®) v
704 2780 0.33
TABLE 1
Plate Stiffener Stiffener  Crack
Stiffener thickness height width length
types Material hy (mm) h,-h, (mm) 2b{mm) L, (mm)
Pristine Aluminum 4 8 8 0
stiffener
Cracked  Aluminum 4 8 8 4
stiffener
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For theoretical simulations incident SO Lamb wave mode
was considered as an incident wave. For 4 mm thick
aluminum plate, higher Lamb wave mode Al appeared
around 390 kHz. At higher frequencies, when more modes
are present, the slope of dispersion curve tends to flatten out
with the consequence of a shorter wave pulse carrying less
information of the damage. Also, due to the presence of
multi-Lamb wave modes at high frequency, it is difficult to
distinguish the individual mode from the received signal. At
very low frequencies, the dispersion curves have steep
slopes and thus are very sensitive to small variations in
frequency making it difficult to predict the time-of-flight.
Moreover, at low frequency Lamb wave contains higher
wavelength, which may not be sensitive to damage detec-
tion. Recommended by practical application, frequency
range from 50 kHz to 350 kHz is considered for excitation.
FIG. 12 represents the CMEP convergence study results.
Convergence study provided the maximum number of com-
plex roots of Rayleigh-Lamb equation needed to calculate
SO and AQ modes scattered from a geometric discontinuity
with considerable accuracy. At left in FIG. 12 is shown the
convergence study for the pristine stiffener and the graph on
the right shows the convergence study for a cracked stiff-
ener. Convergence studies inferred that approximately 35
modes were required for convergence with less than 3%
etror.

FIG. 13 represents the S0, and A0 scattered wave ampli-
tudes (a) and phase angle (b) for pristine stiffener on an
aluminum plate and the SO and AO scattered wave ampli-
tudes (c) and phase angle (d) for a cracked stiffener on the
aluminum plate. The peak of scattering coeflicients changed
due to the presence of crack as it can be interpreted from
FIGS. 13(e) and (c). As shown, the minimum peak of SO
transmitted shifted from 160 kHz to 120 kHz due to the
presence of a crack. The amplitude of SO transmitted mode
at the dip increased due to the energy redistribution because
of the crack. The changes for A0 transmitted, SO reflected
and AQ reflected modes due to crack can also be observed
from FIGS. 13(a) and (¢). Not only amplitude changed, but
phase change also occurred due to the influence of the crack
(FIG. 13(), (d)).

Therefore, the frequency spectrum of the scattered Lamb
wave modes (e.g., the changes in the amplitude and phase
with frequency of scattered Lamb wave modes due to the
presence of crack) can be utilized for predicting the presence
of a crack in the stiffener. Scatter coeflicient plots can predict
the appropriate frequency range of excitation to excite Lamb
waves to get the damage information from the time domain
signal. From FIG. 13 at (a) and (c), for this particular
material and geometry, 120 kHz to 160 kHz would be an
adequate choice of frequency for both SO and A0 incident
wave to detect the crack.

Global Analytical Solution

Following determination of the scattering coeflicients,
these scattering coeflicients were then fed into the global
analytical method. A schematic of the AGL analysis is
shown in FIG. 14. The algorithm of the steps of the global
analytical solution to incorporate the local scattering coef-
ficients is presented by using a flowchart as shown in FIG.
15.

The global analytical solution performed the wave gen-
eration by a transmitter sensor, wave propagation through
the structure, incorporation of the scattering coefficients in
particular to damage (pristine stiffener and cracked stiffener,
in this case), and detection by a receiver sensor. The whole
process utilized the structural transfer function, the time
domain signal generation, Fast Fourier transform (FFT) and
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inverse FFT. Therefore, the combination of global and local
CMEP method provided a complete analytical solution for
Lamb wave scattering and propagation. The following steps
were followed for a global analytical solution.

First, a time-domain excitation signal from a PWAS
transmitter was considered. For tone burst excitation signal
the following equation can be used

VAD=Vo(1-cos(m 2))sin(w 1) (24)

Here, V,, is the amplitude, w,, is the center frequency and
t is the time.

Perform Fourier transform of the time-domain excitation
signal was then carried out to obtain the frequency domain
excitation signal

The frequency-domain structural transfer function up to
the damage location was calculated:

Ns(&) . (25
Z (siné5a) Diisi e R |
Aty &
Glxg, w) = &lxg, 1) = —i— -
. Nal€”) _jer, o
PN
o

where £ is the frequency dependent wave number of each
Lamb wave mode and the superscripts S and A refer to
symmetric and antisymmetric Lamb wave modes

Ns(&) = 88" + B )cosadcosfd; 26)
Dg = (62 - ﬁz)cosadsinﬁd + %zaﬁsinadcosﬁd
Na(@ = -8B + f)sinadsinBd;

Dy = (" — Bsinadeosfd + 4¢° afcosadsinfd

2 2 n
W g W _/“4#. _
& g’ﬁ_cﬁ g’c"_\ p TN p

.4To
Kpwas = _17

0./22

«. 1s the half-length of PWAS size; d is plate half thickness.
The modal participation functions S(w) and A(w) determine
the amplitudes of the SO and A0 wave modes. The terms
sin(E°c) and sin(E%c) control the tuning between the PWAS
transducer and the Lamb waves. A and p are Lame’s
constants of the structural material; p is the material density.
The wavenumber & of a specific mode for certain frequency
o is calculated from Rayleigh-Lamb equation.

The structural transfer function was then multiplied by the
frequency-domain excitation signal to obtain the frequency
domain signal up to the discontinuity, i.e.,

P, 0)=Glog,00) () @n

At this stage, frequency-dependent scattering coefficient
(transmission, reflection and mode conversion) from discon-
tinuity were inserted in the wave signal. Scattering coeffi-
cients were determined by using local CMEP approach as
described above. Table 3, below, provides the scattering
coeflicients inserted into the wave signal. Scatter coefficients
SR, and ¢ are the amplitude and phase of the reflected
S, mode for incident S, mode respectively. The same ter-
minology will be applied for other scatter coefficients.
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TABLE 3

Incident wave Direct scattered wave Mode Conversion

mode Reflection Transmission Reflection —Transmission
S0 SReor §°F° ST, ¢°7 ARgpp ¢'%9 AT, ¢°7°
A0 AR o, ¢ AT, ¢770 SRy, 974 ST, ¢°740

The guided waves from the new wave sources (at damage
location) propagate through the structure and arrive at the
receiver location. For reflected wave:

. . SR ~S5
Viee(xr, ) = [SRsoef‘P 50 Vi (xr, w) + @)
. SR ~ . - AR
SRaoe™ A0 VA (xp, a))]e"‘fs R) 4 [ARSOE"W 0.
~ - AR ~S Tt
Vi (g, @) + ARgoe™?" 10 -vgc(x,g,w)]e'f xR)
For transmitted wave:
~ ST ~ 5 (9]
V1, %7, ) = [ STy ™0 Vi g, ) + @)
. ST . Py AT
STaoe™® A0V (xp, w)]e"‘f GTxR) 4 [Arsoe*‘w 50
. . AT .S A
V?c(st W)+ ATgoe " A0V (g, ‘U)]eﬂg br=m)

Inverse Fourier transform was then performed to obtain
the time-domain receiver signal.

Vg3 I IFF TV s (3 4%,000) } (30)

EXAMPLE 3

A structure including a vertical stiffener in an aluminum
plate as schematically illustrated in FIG. 16 was examined.
The structure had the following characteristics: E=70 GPa,
p=2780 kg/m>, v=0.33, plate thickness h,=4.23 mm, the
height of the stiffener, h,~h,=8.47 mm, stiffener width,
2b=8.47 mm. Therefore, the thickness in Region 2, h,=12.7
mm. Consequently, the stiffener height ratio and width ratio
were R,=h,-h /h;=2 and R, =2b/h,=2, respectively. For the
cracked stiffener (right), the crack length was [L_=4.23 mm.
The crack ratio was R =L _/h, =1 with respect to plate thick-
ness.

A0 Lamb wave mode was considered as incident wave
since laser Doppler vibrometer (LDV) experimental mea-
surement had been performed and LDV provides better
accuracy in out-of-plane velocity of A0 mode. A frequency
range of 50 kHz to 350 kHz was chosen in this study to avoid
higher propagating mode. Convergence studies were per-
formed to determine the total number of complex modes
required for the convergence of both A0 and scattered SO
Lamb wave mode. It was found that consideration of 35
modes in the expansion could ensure a convergence within
2% error.

FIG. 17 shows the scattered wave (SO and A0 modes)
amplitudes and phase angle for incident AO modes for both
pristine stiffener and cracked stiffener on the plate. By
comparing FIGS. 17(a) and (¢), it can be seen that the dip in
the frequency spectra of scattered wave modes changes due
to the presence of a crack. For example, the dip in the
frequency spectra for reflected A0 mode appears at ~190
kHz for the pristine stiffener and ~150 kHz for the cracked
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stiffener. The dips in the spectra are caused by destructive
interference between various waves in the structure.

The presence of the crack modified the dip in the fre-
quency spectra, and the change depends on the size of the
crack. The amplitude of the A0 transmitted out-of-plane
displacement at dip frequency decreases due to the presence
of a crack in the stiffener. A similar comparison can be made
for the other wave modes SO transmitted, SO reflect, and A0
reflected. The phase of the in-plane displacement also
changed due to the presence of the crack (FIGS. 17(5) and
(d)). Therefore, by comparing the scattered wave modes,
there is a clear indication that the crack modified the
frequency response of the scattered wave amplitudes and
phases. Moreover, it gives insight information to choose a
suitable frequency range to excite the Lamb wave to get the
damage information from the time domain signal. For this
particular case, the frequency at 150 kHz would be a good
choice for A0 incident wave to detect the crack.

An experimental validation of the global-local analytical
results was carried out. The analysis of the scattered Lamb
wave was performed to detect the crack in the stiffener on
the plate.

Two aluminum plates were manufactured for conducting
the experiments: a plate with a pristine stiffener as sche-
matically illustrated in FIG. 16, left (FIG. 18), and a plate
with a cracked stiffener as schematically illustrate in FIG.
16, right (FIG. 19) with same geometric dimension. Elec-
trical discharge machining (EDM) method was used to
create a crack along the entire length of the stiffener (FIG.
19(a)). Two 60 mmx5 mmx0.2 mm piezoelectric wafer
active sensors (PWAS) were bonded in a straight line on top
and bottom surfaces of the plates to create a line source.

In both plates, the PWAS transducers were bonded 200
mm away from the stiffener. Two PWAS were excited
simultaneously with a 180-degree phase difference to gen-
erate AQ Lamb waves, selectively. A 3.5 count tone burst at
150 kHz was applied as excitation signal by using a Tektron-
ics AFG3052C dual channel function generator.

The wave-absorbing clay boundary around the plate was
used to avoid reflection from the plate edges. The wave
fields were measured using scanning LDV. Power amplifiers
were used to improve the signal to noise ratio to achieve
better out-of-plane velocity signal by LDV. The experimen-
tal setup is illustrated in FIG. 20. The LDV scanning results
are illustrated in FIG. 21. FIG. 21 shows that the arrange-
ment of PWAS transducers successfully generated the
straight crested A0 Lamb wave modes. It also shows a
minimal reflection from the plate edges due to the use of
absorbing clay boundaries. At (b) and (¢) FIG. 21 shows the
scattered wave field from the pristine stiffener and at (d) and
(e) is shown the scattered wave field from cracked stiffener.
FIG. 21 also demonstrates that the scattered wave fields are
straight crest waves after interacting with a discontinuity, as
expected.

To compare the scattering coeflicients of CMEP and
global analytical results with experimental results, the out of
plane velocity (v ) was measured at a point on the plate
surface using the LDV. Single point measurement locations
are shown in FIG. 22 for the pristine plate (a) and the
cracked plate (b). The reflected, and transmitted wave fields
were measured at 170 mm and 200 mm, respectively, from
the stiffener.

Experiment Vs. Analytical Analysis

A comparison of the experimental results and the pro-
posed global-local analytical results was carried out. Scat-
tering coeflicients as determined above were fed into the
global analytical method. About 30 seconds of computation
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time was needed for calculating the scatter coeflicients.
Insertion of the coefficients into the global analytical frame-
work took about 10 seconds of computation time. Hence, the
total simulation time was about 40 seconds. This simulation
time was obtained for an incident 3-count tone burst time
domain signal for a pair of actuator and sensor, and a crack
damage at the center of the actuator and sensor. The algo-
rithm of the steps of the global analytical solution to
incorporate the local scattering coeflicients was that shown
in FIG. 15 and described above.
The results obtained from the global-local analytical
approach are summarized in FIG. 23 and FIG. 24. In the
global-local analysis, the signals were calculated at the same
location where the signals were obtained experimentally
(FIG. 22). The comparison between analytical and experi-
mental scattered waveform, as well as FFT of the corre-
sponding scattered waves of the pristine stiffener is illus-
trated in FIG. 23. Although it is difficult to have exact
matching between two time-domain signals, the FFT of the
two signals are in good agreement as depicted in FIG.
23(¢), (f). Also, the reflected and transmitted Lamb waves
show a similar pattern in the time-domain signals and their
FFTs.
FIG. 24 shows the comparison of analytical and experi-
mental scattered waveform, as well as FFT of the corre-
sponding scattered waves for the cracked stiffener. The FFT
of the two signals are in good agreement as depicted in FIG.
24(c), (f). The reflected and transmitted Lamb waves show
a similar pattern in the time-domain signals and their FFTs.
The shifting in frequency response due to the presence of
the crack is an important phenomenon to note. The trans-
mitted AO Lamb wave had a clear dip in frequency spectrum
at 150 kHz that can be detected by both analytical and
experimental results. Such information may be useful for
crack detection in the complex geometry. This shows that
global-local analytical is a reliable tool to predict the scat-
tering of the Lamb waves from geometric discontinuities.
While certain embodiments of the disclosed subject mat-
ter have been described using specific terms, such descrip-
tion is for illustrative purposes only, and it is to be under-
stood that changes and variations may be made without
departing from the spirit or scope of the subject matter.
What is claimed is:
1. A computer-implemented method for detecting the
presence and type of damage in a structure comprising:
exciting a Lamb wave in a structure, the Lamb wave being
excited at a transmitter and thence propagating through
a base plate of the structure;

detecting a scattered Lamb wave at a receiver, the scat-
tered Lamb wave being a resulting wave generated by
passage of the Lamb wave through the structure;

analyzing the scattered Lamb wave that is detected at the
receiver by a computing system comprising one or
more computing devices, the analyzing incorporating
previously determined frequency-dependent scattering
coeflicients of Lamb wave modes, wherein the previ-
ously determined frequency-dependent scattering coef-
ficients have been determined prior to the step of
analyzing the scattered Lamb wave from geometric
discontinuities of a previously tested undamaged struc-
ture and a previously tested damaged structure, the
previously determined frequency-dependent scattering
coefficients having been determined by use of complex
modes expansion with vector projection, the analyzing
comprising insertion of the previously determined fre-
quency-dependent scattering coeflicients into a global
analytical model to provide a first predicted signal
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solution for the structure in an undamaged state and a
second predicted signal solution for the structure in a
damaged state, the analyzing further comprising com-
paring the scattered Lamb wave to the first and second
predicted signal solutions and thereby identifying a
health state for the structure, the health state compris-
ing information regarding the presence of a damage site
in the structure and the type of damage at the damage
site.

2. The computer-implemented method of claim 1,
wherein the structure further comprises an extension joined
to the base plate at a joint area, the Lamb wave propagating
through the joint area.

3. The computer-implemented method of claim 2,
wherein the extension is a stiffener.

4. The computer-implemented method of claim 2,
wherein the extension is of unitary construction with the
base plate.

5. The computer-implemented method of claim 2,
wherein the extension is of separate construction and joined
to the base plate.

6. The computer-implemented method of claim 1,
wherein the structure comprises a polymeric laminate.

7. The computer-implemented method of claim 1,
wherein the transmitter and the receiver comprise piezoelec-
tric wafer active sensors.

8. The computer-implemented method of claim 1,
wherein the Lamb wave is excited at a frequency of from
about 50 kHz to about 350 kHz.

9. The computer-implemented method of claim 1,
wherein the Lamb wave is excited from a tone-burst signal
generator.

10. The computer-implemented method of claim 1, the
structure forming one or more walls of a multi-ribbed box
structure.

11. The computer-implemented method of claim 1, the
structure being a component of an aircraft.

12. The computer-implemented method of claim 1, the
method incorporating multiple data analysis units.

13. The computer-implemented method of claim 12, a first
data analysis unit determining the frequency dependent
scattering coeflicients prior to the step of analyzing the
scattered Lamb wave.

14. The computer-implemented method of claim 13, a
second data analysis unit comparing the scattered Lamb
wave to the first and second signal solutions.

15. The computer-implemented method of claim 1, the
method further comprising insertion of the previously deter-
mined frequency dependent scattering coeflicients into the
global analytical model to provide one or more additional
predicted signal solutions, each of the one or more additional
predicted signal solutions being for the structure with dif-
ferent types or locations of damage, the analyzing further
comprising comparing the scattered Lamb wave to the one
or more additional predicted signal solutions.

16. The computer-implement method of claim 1, wherein
the previously tested damaged structure comprises a crack in
a joint area.

17. The computer-implemented method of claim 1, the
global analytical model comprising;

a) performing a Fourier transform of a time-domain
excitation signal to obtain a frequency-domain excita-
tion signal;

b) calculating a frequency-domain structural transfer
function up to a damage location;
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¢) multiplication of the frequency-domain structural
transfer function by the frequency-domain excitation
signal to obtain a frequency domain signal up to the
damage location;

d) considering damage as a secondary wave source at the
damage location using the frequency-dependent scat-
tering coeflicients;

e) calculating out-of-plane velocity in a frequency domain
at a receiver location; and

) performing an inverse Fourier transform to obtain a
time-domain signal solution at a receiver sensing loca-
tiorL.
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